ABSTRACT. In an earlier paper we determined all the solutions in Z of a cubic Thue equation with coefficients in a quadratic number field. It is now shown that the method used there can be used to solve the more general problem of determining all the solutions of the Thue equation in a ring of quadratic integers.
INTRODUCTION
In the paper [4] , we were interested in a cubic Thue equation with coefficients in a quadratic number field, but with rational integers as variables, namely It was only after the paper [4] was accepted for publication, that I realized that for the solution method used there it is not at all essential that x, y be rational integers, and that the method in fact detects all the solutions x, y in the ring of integers of Q(VB), as will be shown below. We give our new results in ?2, and details of the proof in ?3. This will require only minor modifications in the proof of [4, ?3.3]. As far as I know, this is the first time a Thue equation over a ring of quadratic integers is completely solved by Baker theory and computational diophantine approximation methods. Clearly, any "reasonable" Thue equation over a ring of integers can be treated by the same method.
All our results are based on a Key Lemma, which is about a unit equation in a sextic number field. This Key Lemma is given in ?3.1, and was implicitly also present in [4] , but in the proof presented there we used that x, y E Z. Now we remove this assumption from the proof. Moreover, we will use the recent very sharp result [ Fortunately, it turns out that we do not have to redo the computational part of the first reduction step, as done in [4, ?3.4]. However, the conclusion drawn there from these computations is again based on the assumption x, y E Z, so we have to redo the subsequent reduction steps. In ?3.3 below we give details.
Finally, ?3.4 contains the derivation of the results of ?2 from the Key Lemma. weaker than [4, equation (34) ]. This is the price we have to pay for removing the assumption x, y E Z.
A CUBIC THUE EQUATION OVER
For the second reduction step we take C = 1017, and we take a somewhat closer look at the lattice. Let q' be the matrix containing as columns the output of the L3-algorithm, i.e., the vectors b1, b2, b3, b4. We computed 
